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Tai liéu gdm sau Chuong: Mot s6 dang toan trong chwong trinh Trung hoc Co
so, Dai sb, Giai tich, Luong giac, Hinh hoc, va Cac bai toan khac. Téc gia cd
géng phan loai twong ddi ddy du va ti mi cac dang toan trong mdi Chuong.
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Chuwong 1 MQT SO DANG TOAN TRONG CHUONG TRINH
TRUNG HQC CO SO

Dang toan 1 C4c bai toan trén tap sé nguyén

Bai 1.1 (Thi chon ddi tuyén Phu Tho, Lép 12 THBT, 2005)

Tim s6 cac chit sé cia: P = 3659893456789325678 x 342973489379256.
Bai 1.2 (B Giao duc va Pao tao, 16p 12, 2003)

Tim s6 du khi chia s6 2001%™ cho s6 2003.

Bai 1.3 (S¢ Gido duc va Pao tao Soc Trang, 16p 12, 28.11.2010)

1) Tim s6 du trong phép chia 28" cho 2010.
2) Tim udc nguyén t 16n nhit va nho nhat cia A= 215° 4+ 314°,

Bai 1.4 (S¢ Giao duc va Pao tao Tuyén Quang, THPT, 2011-2012)
S6 30! ¢6 bao nhiéu udc duong phan biét chia hét cho 1024?
Bai 1.5 (B Gido duc va Dao tao, 2001. Dé chinh thirc)

(Lép 10-11) Tim cAc u6c nguyén té nho nhit va I6n nhat cia sé 215° +314°.
(Lép 10) Tim sé 16n nhdt va sé nho nhat trong cac s6 tw nhién c6 dang
1x2y3z4 ma chia hét cho 7.

(Lép 11) Tim sé I6n nhdt va sé nho nhat trong cac s6 tw nhién c6 dang
1x2y3z4 ma chia hét cho 13.

Bai 1.6 (S¢ Gido duc va Dao tao Thai Nguyén, Lép 12, 2002-2003)

S6 2™ —1 1a hop sb hay nguyén t6?

Bai 1.7 (D& chon doi tuyén, S& GD va DT Thai Nguyén, I6p 12, 2004)

Tim USCLN ciia hai s6 a=1754298000 va b =75125232.

Bai 1.8 (B Gido duc Pao tao, 16p 12, 2002)

Tim wéc s6 chung 16n nhét cia hai s sau day: a = 24614205, b = 10719433,
Bai 1.9 (S& Giao duc Dao tao Dong Nai, Phd thong Trung hoc, 2002-2003)
Tim u6c chung 16n nhét cia hai s6 A=1358024701; B =1851851865
Bai 1.10 (S& Gido duc Dao tao Thp Hd Chi Minh, THPT, 2000-2001)

C6 bao nhiéu chir s6 khi viét s6 300°%.

Bai 1.11 (B6 Gido duc va Pao tao, 16p 12 Trung hoc Phd thong, 11.3.2011)
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Tim s6 cac chit s6 khi viét trong hé thap phan cua sb 920,
Bai 1.12 (S¢ Giao duc va Pao tao Quang Ngéi, THPT, 30.1.2010)
Tim s6 chit s6 cua s6 B = 2520+ 12%%

Bai 1.13 (S¢ Giao duc va Pao tao S6¢ Trang, THPT, 2008-2009)

a) Tim 3 chit s6 tan cuing cua 7°°%
b) Tim 5 chit sb tan cling caa 5%

Bai 1.14 (S¢ Giao duc va Pao tao Thira Thién-Hué, lop 11 THPT, 01.12.2007)
1) Tinh chinh xéc gia tri cua biéu thirc sb:

P=3+33+333+...+33...33
H_J
13563
Néu qui trinh b4m phim.
2) Tim sé nguyén duong nho nhit co ba chir sé la abc sao cho
abc =a® +b® +c3. C6 con sé nguyén nao théa mén didu kién trén nita khong?
Néu so lwgc cach tim.

Bai 1.15 (S¢ Giao duc va Dao tao thp Hb Chi Minh, THPT, 11.1.2009)

Tim s6 tu nhién x biét x> c6 4 chir sé tan cling la 2009 va 4 chir s6 dau tién
ciing 13 2009. Khi d6 hdy viét x? véi ddy du cac chit so.

Bai 1.16 (S¢ Giao duc va Pao tao Thira Thién Hué, lop 11 THPT, 01.12.2007)

Tim hai s6 nguyén duong X sao cho khi lap phwong mdi sé d6 ta duoc mot s6
¢6 hai chir s6 ddu (bén phai) va hai chir s6 cudi (bén trai) déu bang 4, nghia 1a

x® = 44.....44 . Néu qui trinh bam phim.

Bai 1.17 (So Gi4o duc va Pao tao Thira Thién-Hué, THPT, 17.12.2008)

1) Tim céc s6 aabb sao cho aabb=(a+1)(a+1)x(b-1)(b-1). Néu quy
trinh bam phim dé dwoc két qua.

2) Tim sb ty nhién N nho nhit sao cho khi 1ap phuong sb dé ta dwoc sé tu
nhién c6 3 chir sé cudi déu 1a chit s6 7 va 3 chit sb dau ciing déu 1a chit s6 7:
n®=777....777 . Néu so lwoc cach giai.

Bai 1.18 (B6 Gido duc va Pao tao, 16p 12 Trung hoc Phd thong, 11.3.2011)

Phép tinh nang Ién liy thira rdi 1dy modulo ciia cac s6 nguyén theo sé nguyén
p, tic latinh C = N* (mod p), 1a khong kho khin, ngay ca voi nhitng sb cuc



I6n. Nhung phép tinh ngwoc lai, tirc 1a timra N khi biét C,k, p, thudng dugc
goi la “phép khai can” bac k modulo p, lai 1a viéc v cung kho khan. Trong
truong hop tong quat, véi cac sd nguyén Ic'f’n, bai toén nay la khong thé gié,i
duoc ngay ca voi cac siéu may tinh manh nhat hién nay. Tuy nhién, khi p la s6
nguyén t6 va k khong co wdc chung véi p—1 thi nho Dinh li Fermat nho,
ngudi ta phat hién ra ring c6 thé thuc hién dugc phép “khai cin” ndy bang cach
timsé d sao cho

dk =1mod(p-1) vatinhra N bing cong thirc N = ok (mod p). Bé kiém
nghiém diéu noi trén, em hay:

1) Timsé C =12345%% (mod 54321);

2) Timsb N sao cho N°%% (mod89897) =56331.

Dang toAn 2 LAi suét va ting truong
Bai 2.1 (B Gido duc va Pao tao, Trung hoc Phd thong, 19.3.2010)

Mot ngudi mua xe mdy tra gop voi gia tién 1a 20.000.000 d, muc 14 suat
1,2%ithéng véi qui wéc mot thang tra 800.000 d ca gbe va lai. Hoi sau 12 thang
ké tir ngay ngudi 4y mua xe s tién con no 1a bao nhiéu dong? Sau mot nam 14
Suét lai tang Ién 13 1,5%/thang va nguoi d6 lai tra mot thang 1.000.000 dong ca
gdc va lai (trir thang cudi ciing). Hoi sau bao nhiéu thang ngudi dy tra hét ng?
(thang cudi tra khong qua 500.000 d).

Bai 2.2 (S¢ Gido duc va Dao tao Thira Thién-Hué, THPT, 01.12.2007)

Theo chinh séch tin dung méi ciia Chinh pha cho hoc sinh, sinh vién vay vén
dé trang trai chi phi hoc dai hoc, cao dang, THCN: M&i sinh vién dugc vay tdi
da 800.000 dong/thang (8.000.000 dong/nam hoc) véi lai suit 0,5%/thang. Mbi
nam 1ap tha tuc vay hai 1an tng véi hai hoc ki va duoc nhan tién vay ddu mdi
hoc ki (mdi lan dwoc nhén tién vay 13 4 tridu dong). Mot nam sau khi tét nghiép
d4 c6 viéc lam én dinh méi bat dau tra no. Gia st sinh vién A trong thoi gian
hoc dai hoc 4 nam vay t6i da theo chinh sach va sau khi tot nghiép mot nam da
c6 viéc 1am 6n dinh va bt dau tra no.

1) Néu phai tra xong ng ca von Ian Iai trong 5 nam thi mdi thang sinh vién A
phai tra bao nhiéu tién?

2) Néu tra mdi thang 300.000 ddng thi sinh vién A phai tra may nim mai hét

no?

Bai 2.3 (S¢ Gido duc va Dao tao Thira Thién-Hué, THPT, 17.12.2008)



LAi sudt cuia tién guri tiét kiém ctua mot s6 ngan hang thoi gian vira qua lién tuc
thay d6i. Ban Chau giri s tién ban dau 1a 5 triéu dong vai 18i suit 0,7% thang
chura diy mot nam, thi 14i sudt tang 1én 1,15% thang trong nira nam tiép theo va
ban Chau tiép tuc giri; sau nira nim d6 14i suat giam xudng con 0,9% thang,
ban Chau tiép tuc giri thém mot s thang tron nira, khi rat tién ban Chau dugc
ca vbn 1an 14i 12 5 747 478,359 ddng (chua lam tron). Hoi ban Chau dé gui tién
tiét kiém trong bao nhiéu thang ? Néu so luoc quy trinh bim phim trén méay
tinh dé giai.

Dang toan 3 Céc bai toan sb hoc va dai sb

Bai 3.1 (S¢ Gido duc va Pao tao Quang Ninh, THPT, Bang B, 10.01.2009)

Tim ba sb sao cho sb 16n nhét 16n hon sb thir hai ding bang 1/3 sb bé nhét, sb
I6n thir hai hon s6 bé nhit ding bang 1/3 s 16n thir nhit va sb bé nhét 16n hon
1/3 56 16n thir hai dung bang 10/3. (Két qua dé dudi dang phan sb).

Bai 3.2 (S& Giao duc va Pao tao Quang Ngii, B6 tic THPT, 30.1.2010)

Tim x biét

(x-40):0,008  (03-2)x1 |

. 2 - 203 21 -62—+17,81:0,0137 =1301.
(3--2,65)x4:~ (1,88+2_)x= 20

20 5 25’78

Tinh:
2 2 2 2 2
1 2 3 48 49
B=| =43 | +| S4v5 | +| S4+~7 | +ot| —=+:/97 | +] == +/99 | .
(508) o528 5] {7 <[ 55-9)
Bai 3.3 (S6 GD va DT thanh ph H5 Chi Minh, vong 1, THPT, 15.3.1996)
Mot cip s6 nhan c6 s6 hang ddu u, =1,678, cong boi =%. Tinh téng S,,

caa 17 s hang dau tién (két qua 13y 4 sb 16).

Bai 3.4 (S¢ Giao duc va Pao tao Thanh Hoa, 16p 10, 18.4.2000)
Cho hamsd y = x* +5x° —3x* + x—1. Tinh y khi x =1,35627 .

Bai 3.5 (S6 GD va DT thanh phé H5 Chi Minh, vong 1, THPT, 15.3.1998)
Tim sé du trong phép chia (két qua ldy 3 s6 18):

XX =X + X2+ x=723
x—1,624




Bai 3.6 (S¢ Gido duc va Dao tao Ha Noi, vong Chung két, 1996; Sé Gido duc
va Pao tao Thanh Héa, Lép 10, 11, 12, 2000)

Tinh a @& x* +7x>+2x* +13x+a chia hét cho x+6.
Bai 3.7 (S¢ Gido duc va Pao tao Quang Nam, vong 1, THPT, 15.3.1998)
Cho da thire P(x)=x"+ax" +bx’ +cx® +dx+e co
P(1)=3; P(2)=9; P(3)=19; P(4)=33; P(5)=51.
1) Tinhcachésé a, b, ¢, d, e.
2) Tinh chinh xac P(2010).
Bai 3.8 (S¢ Gido duc va Dao tao Thira Thién—Hué, l6p 11 THPT, 01.12.2007)
Xac dinh cc hé sb a, b, c ciia ham s6 f (x) = ax® +bx® + cx — 2007 biét rang
f (x) chia cho x—16 c0 sé du 1a 29938 va chia cho X* —10x+21 c6 biéu
10873
6

thie s6 du 1a X—3750 (két qua lay chinh x&c).

Bai 3.9 (S¢ Gido duc va Bao tao Thira Thién-Hué, THPT, 17.12.2008)

Cho da thire g(X) =8x> —18X* +X+6.

1) Tim cac hé sé a, b, ¢ ciia ham s6 bac ba y= f(x)=x*+ax’ +bx+c,
biét ring khi chia da thirc f(X) cho da thuc g(X) thi dwoc da thirc du la
r(x) =8x*+4x+5.

2) Véi céc gia tri @, b, ¢ vira tim dugc, tinh chinh xé&c gia tri cia T (2008).

Bai 3.10 (S¢ Giao duc va Pao tao S6c Trang, 16p 12, 28.11.2010)

1) Cho da thic bac ba f(x)co f(0)=10, f(1)=12, f(2)=4, f(3)=1.
Tinh f (10).

2) Cho da thirc bac bén f (X) c6 hé s6 ciia bac cao nhét 1a 1 va thoa mén:
f(1)=3; f(3)=11 f (5)=27. Tinhgiatrji A= f(-2)+7f(6).

Bai 3.11 (S¢ Gi4o duc va Pao tao Thira Thién Hué, B6 tac THPT, 01.12.2007)
Biét db thi ham s6 y= f(x)=ax’+bx*+cx+d di qua cac diém

A(O; %j , B(l; %J f(x) chia cho (x—2) c6 s6 du la 1 va chia cho

(X—2,4) c6 s6 du la —3,8. Tinh gia tri cua a,b,c,d. Viét qua dudi dang céc

phan sb hoic hdn sé.

Bai 3.12 (S¢ GD va BT Ddng Thép, B tuc THPT, 2008-2009)



Da thitc P(x) = x* +X* +1 co nghiém 1,,1,,1,,T,, I, va q(X)=Xx*—2.
Tinh tich: q(r).q(r,).a(r;).a(r,).q(r).
Bai 3.12 (S6 GD va BT Ha Noi, vong Truong, 1996; S6 GD va BT Thanh
Héa, I6p 11, 2000)
6 5
Tinh: A $1,815x 2,732

a6

Bai 3.13 (S¢ GD va BT Thanh Héa, lép 12 Bé tac THPT, 2006-2007)
Giai phuong trinh

\/§+x/§x_1—\/6[x_3—x/7j_15—ﬂ_1
3-5  3+v20 4-43) 243-5°

Bai 3.14 (S¢ GD va BT Thp H6 Chi Minh, vong Chung két, THPT, 15.3.1998)

Giai hé phwong trinh (ghi két qua du 9 s6 1¢ thap phan):
3,6518x +7,3249y = 4,6821
1,4926x+6,3571y = —2,9843
Bai 3.15 (S Gido duc va Dao tao Phu Yeén, 1ép 12 B tic THPT, 2009-2010)
4x+5y -2z =-5
Giai hé phuong trinh: < —3x+2y -4z =8§;
x+3y+5z =-10.
Bai 3.16 (So Gido duc va Pao tao Thanh Héa, 16p 10, 18.4.2000)
Giai phuong trinh: 1,23785x° + 4,35816x — 6,98753 =0

Bai 3.17 (So GD va BT Thp H6 Chi Minh, vong 1, cip Trung hoc Phd thong
va Phé thong Chuyén ban, 15.3.1998)

Giai phuong trinh (ghi két qua 7 s6 16): 1,9815x% +6,8321x +1,0581=0.
Bai 3.18 (S GD va BT Thp H6 Chi Minh, vong Chung két, THPT, 1998)
Giai phwong trinh (ghi két qua dii 9 s6 1é thap phén):

2.3541x% +7.3249x +4.2157 =0

Bai 3.19 (So Gido duc va Dao tao Thanh Hoa, 16p 10, 18.4.2000)



Cho parabol (P) co phuong trinh: y=4,7x*-3,4x—4,6. Tim toa do
(X, Y,) cua dinh S cua parabol. Tim giao diém cia Parabol (P) véi truc
hoanh.

Bai 3.20 (S¢ Gi4o duc va Pao tao Ha Noi, Trung hoc Phd thong, vong chung
két, 1996; S& Gido duc va Pao tao Thanh Héa, I6p 10, 2000)

_ X ~0,681
Giai hé phuong trinh: y x>0,y>0.
x> +y®=19,32

Bai 3.21 (So Giao duc va Pao tao Quang Nam, vong 1, THPT, 15.3.1998)

Giai hé phuong trinh

2X+3y + =5;
3x-5y

2x+3y=6.

3x-5y

Bai 3.22 (B¢ Giao duc va Pao tao, THPT, 14.3.2008)

2 2
; Xy+xy =1
Tinh gan ding nghiém cta hé phuong trinh y=xy
Xy +X+y=3.
Bai 3.23 (S¢ Gi4o duc va DPao tao Pha Yén, 16p 12 Bé tac THPT, 2009-2010)

X2+ Y% +2X+2y =6;

Tim nghiém gin dung ciia hé phuong trinh:
2xy —2x-2y =3.

Bai 3.24 (S¢ Gido duc va Dao tao Tuyén Quang, 16p 12 THPT, 19.10.2011)

Giai hé phuong trinh:

3 1:2 2 .
) X® + (X" =x+Yy); (xyeR)
Y +1=2(y*—y+X).
X+2y+ =5
X—2y
2) ”
X+2y &
X—2y

Bai 3.25 (S& GD va DT Tay Ninh, THCS va B tac THPT, 2008-2009)



11
X+y+—+—=5
. R Xy
Giai h¢ phwong trinh: 11
X +y +—+—==9
X

y
Bai 3.26 (So Gido duc va Dao tao Phu Yén, 16p 9 Trung hoc Co sd, 10.2.2009)

Giai hé phwong trinh bac nhat bén an:

407
X+Y+Z+t=—r;

276
23 12 46 _ 12 21
Xy —— et =

11 23" 63 11 8
23 3 23 4, 277

—_— X —— [
33 14 y 105 11 560
22 24 22 24, 14
Xt — Y+ —Zt—t =",
207 23 21 55 45

Dang toan 4 Théng ké va x4c suit
Dang to4an 4.1 Théng ké

Bai 1.1 (S¢ Gido duc va Pao tao Ha Noi, 16p 10, vong Truong, 1996)
Cho s6 liéu:

Bién luong 7 4 15 17 63
Tan sb 2 1 5 9 14

a) Tinh s6 trung binh X;
b) Tinh phuong sai O'r?.

Bai 1.2 (Thi vao 10 Phé thong Trung hoc Nghé An, 1996)

Mot hoc sinh 16p 9 cia truong phé thong co so TT co két qua kiém tra v& mon
toan véi 10 lan diém nhu sau: 7, 8, 6,7, 7, 8, 9, 6, 10, 7.

a) Lap bang phan phdi thuc nghiém, tinh diém trung binh ciia hoc sinh do.

b) Tinh phuong sai, d6 léch tiéu chuan va cho biét y nghia do léch nay.

Bai 1.3 (S6 Gido duc va Dao tao Thp Hd Chi Minh, vong 1, THPT, 15.3.1998)

Qua ky thi, 2105 hoc sinh xép theo diém sé nhu sau. Hay tinh ti 1& phan trim
(lay 1 sb 1&) hoc sinh theo ting loai diém. Phai bam it nhit miy lin phim chia

dé dién xong bang ndy véi may Casio?

[piem |0 |1 203 [4 [5 [6 [7 |8 [o |10 ]




Sbh/s |27 |48 | 71293 | 308 | 482 | 326 | 284|179 | 52|35
Tilg

Bai 1.4 (So Gio duc va Dao tao Thira Thién-Hué, THPT, 17.12.2008)

Trong dot khao sat chét lugng dau nam, diém cua ba I6p 11A4, 11A; , 11A;

dugc cho trong bang sau:

Piém | 10 9 8 7 6 5 4 3
11A, |16 14 11 5 4 11 12 4
11A, |12 14 16 7 1 12 1
11A; | 14 15 10 5 6 13 2

1) Tinh diém trung binh ciia mdi 16p. Két qua 1am tron dén chir s6 1¢ thi hai.
2) Tinh phuong sai va do 1éch chuin cua bang diém mdi 16p. Trong ba 16p, 16p
nao hoc déu hon?

Bai 1.5 (B6 Giao duc va Pao tao, 16p 12 Trung hoc Phd thong, 11.3.2011)
Theo két qua diéu tra dan s, dan s trung binh nude Viét Nam qua mot s6 mde
thoi gian (don vi: 1000 nguoi):

Nam 1976 1980 1990 2000 2011

S6 dan 49160 53722 66016,7 77635 88434,6

1) Tinh ti 1&¢ % tang dan s6 trung binh mdi nim trong cac giai doan 1976-1980,
1980-1990, 1990-2000, 2000-2011.

2) Néu ctr duy tri ti 1é ting dan s nhu ¢ giai doan 2000-2011 thi dén nam 2015
va 2020 dan sé cua Viét Nam 1a bao nhiéu?

3) Bé kim ham da tang dan s, ngudi ta dé ra phuong an: K& tir nam 2011, mdi
nim phan ddu giam bot X% (X khong ddi) so vdi ti 18 % ting dan sé nim
trudc (nghia 1 néu nim nay ti 1¢ ting dan s6 1a a% thi nim sau la (a - X)%.
Tinh x dé s6 dan nam 2015 12 92,744 triéu nguoi. Két qua chinh xac t6i bon
chit s6 thap phan sau dau phiy. Néu so lugc qui trinh bim phim trén méy tinh
dé giai.

Dang toan 4.2 X4c suit

Bai 2.1 (S¢ Gido duc va Pao tao Quang Ninh, THPT, 10.01.2009)

Tir mot ¢b bai Tulokho 52 quan bai gdm 13 bo (tir bd At dén bo K; mdi bo gdm
bén quan vé6i cac chit Co, R, Pich, Tép), lay ngdu nhién nim quan bai.
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Tinh x4c sut dé nim quan bai do c6 ding hai quan thudc mét bd, ba quan con
lai thude mot bo khac ( két qua lay dén ba chit sé thap phan, sau ddu phiy) .
Ch y: hai nhém niam quan bai chi cin mét quan cling bé khac chat, dugc coi
14 hai nhdm khéc nhau!

Chuwong 2 PAI SO TREN MAY TINH PIEN TU

Dang toan 1 Giai phwong trinh va hé phwong trinh mii-logarithm
Bai 1.1 (S& Gido duc va Pao tao Phi Yén, 16p 12 Bé tic THPT, 2009-2010)
Giai phuong trinh 2.16* -17.4*+8=0.
Bai 1.2 (Bo Gio duc va Do tao, 16p 12 B tic THPT, 11.3.2011)
Tinh gan ding nghiém ciia hé phuong trinh
4log, x—5log, y =6;
{4Iog2 X+3log, y =5.
Bai 1.3 (B Gido duc va Dao tao, Bb tic THPT, 2008-2009)
Tinh gan ding nghiém ciia hé phuong trinh
log’ x+9’ =8;
{Iog3 x-3 =2
Bai 1.4 (S& Gido duc va Dao tao Thira Thién Hué, B6 tic THPT, 17.12.2008)
Tinh gan ding nghiém ciia hé phuong trinh
3log, x+4' =14
{ZIog2 x-2"=9
Bai 1.5 (S& Gido duc va Do tao Thira Thién Hué, B6 tic THPT, 01.12.2007)
Tinh gan ding nghiém ciia hé phuong trinh

log, x+10g, y =5;
log> x+log: y =19.

Bai 1.6 (S& Giéo duc va Dao tao Ty Ninh, 16p 12 B tiic THPT, 2008-2009)

Giai phuong trinh

1 1 1

2.4% +6* =9
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Bai 1.7 (B Giao duc va Pao tao, THPT, 14.3.2008)
Tim nghiém gan dang ciia phuong trinh
log, x +log, (x—6) = log, \/48.
Bai 1.8 (S¢ Gido duc va Pao tao Quang Ninh, Bang B THPT, 10.01.2009)
Tim nghiém gin dang ciia phuong trinh:
log, x+log,(x—4) = log, \J5.
Bai 1.9 (S¢ Gido duc va Pao tao Quang Ninh, THPT, 10.01.2009)

Tinh gan ding nghiém s thyc cia phuong trinh :
2
—+log; x
Iog{logg,(s3 +2)}:0.

Bai 1.10 (S¢ GD va BT Ddng Thép, B tac THPT, 2008-2009)
Giai phuong trinh log, x* —log, x* —2 = —6log, x.log, X

Bai 1.11 (S¢ Giao duc va Pao tao S6¢ Trang, THPT, 2008-2009)
Giai cac phuong trinh va hé phuong trinh:

1) log,(2log,(1+log,(1+3log, X))) = %;

2) 9 ax 7 3ht ety

2X 3y

o |20 = 2°2%

3) Giai h¢ phuong trinh: X 2iy)
3¥=33"

Dang toan 2 Tim nghi¢m xép xi ciia phwong trinh
Bai 2.1 (S¢ Gido duc va Pao tao Quang Ngéi, THPT, 30.1.2010)
Tinh gan ding nghiém ciia cac phuong trinh sau

1) 2sinx+4cosx=3.
2) 2" +x*-2x-5=0.
3) 27 -3.9"2" -3.3°.4* +8* =0.

Bai 2.2 (S¢ Gido duc va Pao tao Thanh Hoa, B6 tuc THPT, 2008-2009)
Tinh gan ding mot nghiém cua da thirc:
P(x)=x"—7x°+35x> —x* —5x> —9x* +39x -1

12



Bai 2.3 (S¢ Gido duc va Pao tao Thanh Hoa, B6 tuc THPT, 2006-2007)
Tinh gan ding cac nghiém cua phuong trinh

2" =2x+3.
Bai 2.4 (S¢ Giao duc va Pao tao Thp Hb Chi Minh, THPT, 12.1.2009)

Tim ba nghiém gan dung véi 5 chit s6 thap phan ( tinh bang radian) thudc
khoang ( 0; 6) ctia phuong trinh
x° = tan X

Bai 2.5 (B Gido duc va Pao tao, Trung hoc Phd thong, 11.3.2011)
Tinh gan ding nghiém (d¢, phut, gidy) cua phwong trinh:
C0S 4X + €08 3X +23¢0s° X — 7908’ X +23¢0s X +20=0.

Bai 2.6 (Bo Gido duc va Pao tao, THPT, 2008-2009)
1) Tinh gan dung nghiém cta hé phwong trinh

2°+3 =T,

{4X +97 =25,
2) Tim nghiém gan ding cta phuong trinh
3 +5 =7*(log, x+1).

Bai 2.7 (S¢ Gido duc va Pao tao Quang Ninh, THPT, 10.01.2009)

Tinh gan dung (chinh xac dén 6 chit s6 thap phan sau ddu phiy) cac sb thuc
X; y biét rang:

50*+Igy)—-4e*lgy =4;
e"+Ilgy—e*lgy=2.

Chuong 3 GIAI TICH TREN MAY TiNH PIEN TU
Dang toan 1 Tinh gia tri ciia biéu thirc va gi4 tri ciia ham sb tai mot diém
Bai 1.1 (S6 Gido duc va Dao tao Thanh Hoa, 16p 10, 18.4.2000)
Cho hamsé y = x* +5x>—3x* + x—1. Tinh y khi x =1,35627 .
Bai 1.2 (S GD va BT Thanh Héa, 16p 12 B6 tuc THPT, 2006-2007)
5a’b® — 4a’bc® +7a’c*

Tinh Q= s Vi 2=0,325b=3,123,0=0,231.
ac+oanc— c
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Bai 1.3 (Bo Gido duc va Pao tao, Bb tiic THPT, 2008-2009)

Tinh @, b, ¢ biét d6 thi ham s y = x* + ax® + bx + ¢ di qua ba diém
A(5:1), B(6;2), C(7;3).

Bai 1.4 (Bo Gido duc va Dao tao, 16p 12 Bé tac THPT, 11.3.2011)

x?+ax+b

di qua cac diém
cX+3

Tinh gia tri ciia a,b,c biét dd thi cia hamsé y =
A(L 2), B(3; 21), C(—4; 3).

Bai 1.5 (Bo Gi4o duc va Dao tao, THPT, 2008-2009)
IxF+sinx+1
In(x? ++/x +3)
2) Tim toa do giao diém cua ciia dd thi hai ham s6 y=X*+7x-5 va
_8x*+9x-11
x4+l

1) Tinh gia tri ciaham s6  f (x) = tai x=0,5.

Bai 1.6 (S¢ Gido duc va Pao tao Quang Nam, vong 1, THPT, 15.3.1998)
Trong cac sé:

V5+42 tan(zj V3+v2 V2443 2006 2007 2008 2009
\7) 11 7 J10 7 669 '1338° 2007 2676

NE]

Hay chi ra nhimg s6 1am cho biéu thirc

F =3.25"-152.15* +5.9"*
nhan gia tri khong duong.

Bai 1.7 (S& Gido duc va Pao tao Thira Thién Hué, 2009-2010)

1) Tinh gi4 tri gan ding chinh x4c dén bdn chit sb thap phan gi4 tri ciia ham s6
y:sin(5x—£ )+cos(3x+£) khi X nhan céc gia tri sau: r ; T ; —i; z
3 5 5 7 11 9

%/2Xz +sin® x+cos® x
Iogz(tan(e‘zx+1)+x x+1)

2) Chohamsé f (x)= . Tinh £ (0,75).

Bai 1.8 (S& Giao duc va Dao tao Dong Thap, Bo tiic THPT, 2008-2009)
Cho P(x)=x"—7x°+35x> —x* —5x> —9x* +39x —1.

Tinh P(2) +2P(5) - P(3).
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Bai 1.9 (S¢ Gido duc va Pao tao Quang Ngdi, THPT, 30.1.2010)
Cho hamsé f (x)=x*+ax*+bx—2 vsi a, b la cac s6 hiru ti.
1) Tinh gi4 tri dang cua a va b biét ring phuong trinh f (X) =0 c6 mot

V3-42
V342

. 3 2009
2) Tinh gié tri gan ding cua f
) gia tri gan dung cua (2010

nghiém la

j v6i a, b vira tim duoc trén cau 1.

Dang toan 2 Tinh giéi han
Bai 2.1 (S& Gido duc va Pao tao Thira Thién Hué, Bé tac THPT, 17.12.2008)

2
Tinh gén déng gidi han L=Iingx “X+33 9+/6
X— X_

Bai 2.2 (B Gido duc va Pao tao, B6 tac THPT, 11.3.2011)
Tinh gan dang giéi han cta dy s6 c6 sé hang tong quat 1a

a,= \/3+\/3+\/3+...+\/§ .

n

Bai 2.3 (S¢ Gido duc va Pao tao Soc Trang, 16p 12, 28.11.2010)

Chodaysé {x,}, n=1 2, 3... xéc dinh boi
)(1:X2:1

2

Xy = a Xna

27 .

+—”sm(xn), neN*
5

Tim gi6i han cua day s6 {Xn }

Bai 2.4 (Bo Gido duc va Pao tao, Trung hoc Phd thong, 11.3.2011)

Tinh gin dang giéi han cua day U, =§/5+ y 5+\3/5+...+§/§ (n diu can).
Tim n, dé voi moi n > n, thi u, gan nhu khong thay ddi (chi xét dén chin chix
sb thap phan), cho biét gia tri U,y,,. Néu qui trinh bam phim tinh u,. Tim n,
dé voi moi n > n, thi u, co phan nguyén va chin chir s6 thap phan ngay sau

dau phay 1a khong d6i. Tinh gia tri Uy,,. Viét qui trinh giai.

Bai 2.5 (S Gido duc va Dao tao Tuyén Quang, THPT, 2011-2012)

15



Cho ddy s6 U, ="\‘/3+§/3+\3/3+\3/3+....€/§ ,neN" (gdbm n diu can).

n

1) Tinh U,y,,.
2) Biét rang day sé trén ¢ giéi han hitu han, tinh gidi han dé.
Bai 2.6 (S¢ Gido duc va Dao tao Thira Thién-Hué, l6p 11 THPT, 01.12.2007)
Cho day s6 c6 s6 hang tong quat

u, =sin(2—sin(2—sin(2—---—sin 2) (n lan chi sin).
Tim n, dé véi moi n>ny thi U gin nhu khong thay déi (chi xét dén 10 chix
s6 thap phan), cho biét gi tri u, . Néu qui trinh bim phim.

Bai 2.7 (S¢ Gido duc va Pao tao Quang Ngéi, THPT, 30.1.2010)

. mx -1 ) . o
Cho hamsbé y = ¢6 d6 thi (C), trong d6 m 1a tham s6 thuc. Tim gid tri

gin dung cia m dé (C) c6 tiém can ngang tao voéi hai duong thing
(l): y=X+3, (k): y=-2X+1 mot tam gidc c6 dién tich bang 4.

Dang toan 3 D3y s, Tinh tdng va Day Fibonacci suy rong
Bai 3.1 (S¢ Gido duc va Pao tao Soc Trang, 16p 12, 28.11.2010)

n(n+1)

Choa=0wva, =—— 2 _
% " (n+2)(n+3)

(@, +1) véi neN'". Tinh a,y,,.

Bai 3.2 (S& GD va DT Tay Ninh, THCS va B tic THPT, 2008-2009)

Cho S =1+11+111+...+111...1 (n chitsd).
1) Tinh tong S theo n.
2) Téng S c6 gié tri 1a bao nhiéu néu n=5?

Bai 3.3 (S Giao duc va Dao tao Thira Thién Hué, 16p 11 THPT, 01.12.2007)

Tinh tong
12 .99 100
2x3 3x4  100x101 101x102°

Lay nguyén két qua hién trén man hinh.

Bai 3.4 (S¢ Gido duc va Do tao Tuyén Quang, Iép 12 THPT, 19.10.2011)

Goi Sn=1+£+£+...+1 véi ne N.
2 3 n

16



Ching minh: i—i— L + L +..+ L <2.

s? 282 35?2 ' nS?

Bai 3.5 (S¢ Gido duc va Pao tao Phii Yén, Trung hoc Phé thong, 10.2.2009)
. 12 3 4
Cho tap hgp cacsd vohansau: P=4—,—,—,—...,7.
4 916 25
1) Viét cong thire sé hang téng quat .
2) Tinh s6 hang thir 35.
3) Viét quy trinh bim phim lién tuc dé tinh tong 30 s6 hang dAu tién.
Bai 3.6 (S¢ Gi4o duc va Do tao Phit Yén, 16p 12 Bé tic THPT, 2009-2010)
Cho day s6 {u,} théa man: u, =3, u,,, =2u, véi n>1.
Hay trinh bay qui trinh bAm phim dé tinh bdn sé hang diu cua day sé rdi tinh
tong S, vatich P, ciia bén sb hang do.
Bai 3.7 (S6 GD va BT Pdng Thap, B) tic THPT, 2008-2009)

1) Véi gia tri ndo clia A, ddy sb xac dinh nhu sau s& 1a ddy cac s nguyén: a, =1,

a,, =5a, +,/Aa’ -8, n>1.

2) Tinh &,

Bai 3.8 (S¢ Giao duc va Pao tao thp H6 Chi Minh, THPT, 11.1.2009)

Jx

, X s
Cho ham so f(x):—l.Tl'nh tong S=fTQ)+f@)+f(B)+...+F(99) (¢
X+
day S la tong cac gia tri cua ham sé dbi v6i cac bién sb 1é tir 1 dén 100) ( chinh
xac dén 3 chit s6 thap phan)

Bai 3.9 (S¢ Gido duc va Dao tao Thira Thién-Hué, THPT, 17.12.2008)
3

X
6Yx++/3
Tinhténg S = f(\/i)-i- f (\/E)-i- f (\/§)++ f (\/ﬁ)
Bai 3.10 (S Gido duc va Dao tao Thira Thién Hué, 2009-2010)
2\&
6log, Xx++/3°
S = f(\/i)+ f (\/§)+ f (\/§)++ f (x/l_O)

Bai 3.11 (S¢ Gido duc va Dao tao Quang Ngai, B6 tic THPT, 30.1.2010)

Cho cac ham s f (x) =

Cho hamsé f(x) = Tinh tong

Choddysd {u,} véi u, =2, u,=-3, u,,=5u,,+8u, -7, nx1

n+l
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Viét qui trinh tinh u, va tinh u,,.

Bai 3.12 (Bo Giao duc va Dao tao, Bo tiic Trung hoc Phé thong, 11.3.2011)
Day s6 {a,} dugc xac dinh nhu sau: a, =5,a,=3,a,,=4a,,+5a, voi
moi N nguyén duong. Tinh tdng 12 s6 hang diu cia day s6 do.

Bai 3.13 (So Giao duc va Pao tao Quang Ngéi, THPT, 30.1.2010)

Cho ddy {u,} véi u, =4, u,=7, u,,,=2u,—u,, (n lasnguyén duong).

1) Lap qui trinh bAm may tinh u,.
2) Tinh Uy va S,y =U, +U, +...+ Us,.

Bai 3.14 (S¢ Giao duc va Pao tao Quang Ninh, THPT, Bang B, 10.01.2009)
Cho day sb sap thtr tw voi U, = 2;U, =20 va tir U, tré di duge tinh theo cong
thac U, =2U +U ,, n>2.

n-1?
1) Tinhgiatricaa U,; U,; Ug; Uy U, U,

2) Viét qui trinh bam phim lién tuc dé tinh gia tri cia U, véi U, =2;U, = 20.

3) St dung quy trinh trén dé tinh gia tri U,,; U, U,,; U,

Bai 3.15 (S& Gi4o duc va Dao tao Thira Thién Hué, B6 tac THPT, 01.12.2007)

Goi a va b 14 hai nghiém khac nhau ciia phuong trinh 4x* —6x+1=0. Xét
ddysé u,=a"+b" (n Iasdnguyén duong).

1) Tinh u,, u,, u,, U,, Ug, Ug, U,, Ug, U,.

2) Lap cong thirc truy hdi tinh u,, theo u va u_,. Tinh u, voi két qua
chinh xac dudi dang phén sé hoac han sb.

Bai 3.16 (S¢ Giao duc va Pao tao Thira Thién-Hué, THPT, 01.12.2007)

Cho hai dy sb {u, | va {v,} voi

=1 v,=2
=22v,-15u, véin=1 2, 3,..., Kk,...

ul
L‘|n+1
v, =17v, -12u,

U;:,U,,U \"

15’V

1)Tmh u5’u10’ 151718 19;V5’V10’ 18’V19'

2) Viét qui trinh bAm phim lién tyc tinh u,,vav, theou vav,.

3) Lap cong thire truy hdi tinh u,,theo u va u, ,; Vv, theov, vav, ,.

n+1

Bai 3.17 (So Gi4o duc va Pao tao Thira Thién-Hué, THPT, 17.12.2008)
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Cho day hai s6 {u,} va {v,} cosé hang tong quat 1
(5+ 2\@)n —(5—2%)n (7+2ﬁ)” —(7—2%)n

u,= va v, =
443 45

(neN vanx1).

Xét ddy s6 z, =2u, +3v, (neN va n>1).

1) Tinh cac gia tri chinh xac cua U,,U,,U5,U,; V;,V,, V5, V,.

2) Lap cong thire truy hdi tinh u,,theo u ,va u,; v,, theov , vav,.

3) Tir hai cong thirc truy hdi trén, viét quy trinh bim phim lién tuc dé tinh
Uy,ps Voo VA Z,,, theou ,, U, Vv, ., Vv, (N=123..).

n+2! "n+2 n+2 n+1? n+1?

Ghi lai gid tri chinh x4c cla z,, 7., 25, 2y, ;.

Bai 3.18 (B¢ Giao duc va bao tao, THPT, 2008-2009)
Cho ddy s6 (u,) c6

u=Lu=2u=3va u =2u,+3u,,-u , (n>4).
Tinh u,,.

Dang toan 4 Tinh dao ham
Bai 4.1 (B Giao duc va Pao tao, THPT, 14.3.2008)

Tinh gan dung gia tri dao ham cip 100 cua ham s6 f(x)=sinx tai

x =140308- 7.
5

Bai 4.2 (S¢ Giao duc va Pao tao Quang Ninh, THPT, 10.01.2009)
Tim gan dung gia tri dao ham cdp 16 cua ham s6 f(X)=sinx tai

x =100109.% .
9

Bai 4.3 (S¢ Gido duc va Pao tao Ninh Binh, 2011-2012)

. -2
Cho ham so f (X) = m Tinh f (20)(X0) véi

R L M A e N
0 \/23/5—2\/2\/@1 |

Bai 5.1 (Bo Gio duc va Dao tao, THPT, 2008-2009)

Dang toan 5 Tiép tuyén
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Viét phuong trinh cac tiép tuyén cia do thi ham sb y = x® —4x* + X -2 di qua
diém A(L;-4).

Bai 5.2 (B6 Gido duc va Do tao, 16p 12 Bé tiic THPT, 2008-2009)

Tinh gn dang gi4 tri cia @ va b néu duong thing y=ax+b di qua diém
M (1; 2) va la tiép tuyén cua dd thi ham sé y = —3x° +4x 5.

Bai 5.3 (Bo Gido duc va Pao tao, 16p 12 B tac THPT, 11.3.2011)

Tinh gan dung gia tri cia @ va b néu dudng thing Yy =ax+b di qua diém
M (L 2) va la tiép tuyén ciia 6 thi ham sd y = x* — x +1.

Bai 5.4 (S¢ Giao duc va Pao tao Quang Ngali, Bé tac THPT, 30.1.2010)

Cho ham s§ y = x*—2x* ¢ db thi (C). Tim toa d¢ tiép diém cia tiép tuyén
A Véi (C), biét rang tiép tuyén A c6 hé sé goc bang 1.

Bai 5.5 (S¢ Gido duc va Bao tao Thira Thién-Hué, THPT, 17.12.2008)

Cho da thirc g(x) =8x> —18x* + X +6.

1) Tim cac hé sb a, b, ¢ cia ham s6 bac ba y= f(x)=x*+ax’ +bx+c,
biét rang khi chia da thic f(X) cho da thic g(X) thi dugc da thuc du la
r(x) =8x*+4x+5.

2) V6i cc gia tri a, b, ¢ vira tim dwoc, tinh gi tri gin ding hé sb goc cua cac
tiép tuyén ciia d6 thi ham s y = f(x) di qua diém B(0; 3).

Bai 5.6 (S& Gido duc va Pao tao Thira Thién Hué, Bé tac THPT, 17.12.2008)

2

. . . P ax“ +bx+c ) , 2

b6 thi cua ham s6 y=——— di qua «cic diém
2x+d

A(l;3), B(2;-4), C (3; 5), D (4; 7). Tinh gié tri cia a,b,c,d va tinh gan
diing gia tri cia M, N dé dudong thing y = mx +n 1a tiép tuyén ciia d6 thi ham
s d6 tai diém trén d thi c6 hoanh do X, = —2.

Bai 5.7 (S¢ Gido duc va Dao tao Phu Yén, lop 12 Bb tuc THPT, 2009-2010)

Tinh gi4 tri gin ding cia @ va b néu y=ax+b la tiép tuyén cia do thi
2x-1

X+ x+1

Bai 5.8 (S¢ Gido duc va Pao tao Thira Thién Hué, Bé tac THPT, 01.12.2007)

hamsé y = tai diém c6 hoanh do X =2 —+/3.
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Tinh gi4 tri ciia a va b néu duong thing y = ax + b 1a tiép tuyén cua do thi
ham sb y=3x+4++3x—x*+4 tai diém cua dd thi c6 hoanh do

Xo =2+4/3.

Bai 5.9 (S¢ Gido duc va Pao tao Tuyén Quang, THPT, 2011-2012)
Cho ham sé

y = f(x) = x5 (x5 0) ).
Tinh (theo radian) géc tao boi tiép tuyén cua @6 thi ham sé (1) tai diém co
hoanh d¢ X, =~/3 V6i duong thing X = 2012.

Dang toan 6 Cue tri cia ham sb

Bai 6.1 (Bo Giao duc va Pao tao, THPT, 14.3.2008)

Tinh gan dung gi4 tri nho nhit cua biéu thuc P = In [xy +Xiyj trong d6 X, y
|4 hai s6 duong tiy ¥ thoa mén diéu kién X +y =1.

Bai 6.2 (S¢ Gido duc va Pao tao Quang Ninh, THPT, 10.01.2009)

Cho 2 s6 khong am X va y thoa man X+ Yy =3. Tim gia tri 1on nhit va nho
101
2009°

Bai 6.3 (Bo Gido duc va Dao tao, THPT, 2008-2009)

nhét cua biéu thre F = (xy)® —2—27 (xy) +

Tinh gan dtng gié tri 16n nhét va gié tri nho nhét ciia ham sé
y=x—1+5-2x.

Bai 6.4 (S& Giao duc va Do tao Thira Thién Hué, BS tic THPT, 17.12.2008)

Tinh gan dtng gié tri 16n nhét va gié tri nho nhét ciia ham sé

f(X) =v5—2X +/3x+4.

Bai 6.5 (S& GD va DT Thanh Hoéa, 16p 12 B tiic THPT, 2006-2007)
2X% —3x+2

Cho hamsé y = . Tinh gan ding gia tri cuc dai, gia tri cuc tiéu
g gg g

ctia ham sb.
Bai 6.6 (S¢ Gido duc va Pao tao Thira Thién Hué, Bé tac THPT, 01.12.2007)
Tinh gan dtng gié tri 16n nhét va gié tri nho nhét ciia ham sé

x> +3x+4
x2+1

f(x) =
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Bai 6.7 (S¢ Gido duc va Pao tao Quang Ninh, THPT, 10.01.2009)
Tinh gan dtng gia tri cuc dai va gia tri cuc tiéu cua ham sé
2x* —3x+1

T X ix+2
Bai 6.8 (Bo Gido duc va DPao tao, 16p 12 B6 tac THPT, 2008-2009)
1) Tinh gin dung gia tri 16n nhét va gi4 tri nho nhit cua ham sb:

f(x)=3x—4++/5-2x°.

2) Tinh gin dung gia tri cuc tiéu va gié tri cuc dai cua ham s6

_ 2x*+5x+3
2x+1
Bai 6.9 (S Gio duc va Dao tao Phii Yén, Ip 12 Bb tac THPT, 2009-2010)
X* +2%x+3

Tinh gan dung gia tri 16n nhit, nho nhat cua ham sé f(x) = Tl trén
X+

Bai 6.10 (S& GD va DT Tay Ninh, THCS va B tic THPT, 2008-2009)

X? —3X+2
X
1) Tinh gan dung gia tri cuc dai va gia tri cuc tiéu ciia ham sd.
2) Puong thing Y =ax+b di qua diém cyc dai va cuc tiéu cua do thi ham sb trén.

Cho ham sb: y =

Tinh gia tricaa a va b.
Bai 6.11 (S¢ Giao duc va Pao tao Thira Thién-Hué, THPT, 17.12.2008)
1) Tinh gin dung khoang cach giita hai diém cuc tri cia d6 thi ham sé

2x° +5
X2 +3x+4

f(x)=

2) Tinh gin dung gia trj 16n nhit va gia tri nho nhat cia ham s6

f (x) = 3(sin X+ oS X) — 2+/3 cos? 2x+(3+\/§).

Bai 6.12 (S¢ Giao duc va Pao tao Thanh Héa, 2010-2011)

Tinh gan ding khoang cach gitra hai diém cyc tri cua d6 thi ham sé
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(x)= 2x22+\/§x+5.
3X°—2x+1
Bai 6.13 (S¢ Giao duc va Pao tao Tuyén Quang, THPT, 2011-2012)
Cho ham s6 y = x* —4x®+1. Tinh chu vi tam giac tao thanh tir ba diém cuc
tri ctia do thi ham sb.
Bai 6.14 (B6 Gido duc va Pao tao, 16p 12 B tac THPT, 11.3.201 1)
Tinh gan dtng gié tri 16n nhét ctia ham sb
F(X)= 2x—1-——1 .
16— X
Bai 6.15 (B6 Gido duc va Pao tao, 16p 12 Trung hoc Phd thong, 11.3.2011)
Cho hai d6 thi (C3):y=x"-6x"+9x-1va (C4):y=x"-2x*+4. Tim
khoang cach ngin nhét tir cac diém cuc tri cua dd thi (CS) dén cac diém cuc
tri ciia do thi (C4).
Bai 6.16 (S¢ Giao duc va Pao tao Thira Thién-Hué, THPT, 01.12.2007)

1) Xac dinh cic hé s6 a,b,c cua hamsé  f (x) = ax® + bx® +cx — 2007,
biét rang f (x) chia cho X —16¢6 s du 1a 29938 va chia cho Xx* —10x+21
10873

dugc da thirc du 1a X—3750 (két qua lay chinh x&c).

2) Tim khoang céch giita diém cuc dai va diém cuc tiéu cia do thi ham sb
f(x) véi céc gia tri a,b,c vira tim duoc.
Bai 6.17 (S¢ Giao duc va Pao tao Quang Ninh, Bang B THPT, 10.01.2009)
1) Goi A va B la diém cuc dai va cuc tiéu ctia d6 thi ham sé
2X* —x+4
T x+5
1a) Tinh gan dang dén bn chir s thap phan khoang cach AB.
1b) Tinh gid tri ciia a va b néu duong thing y = ax+b di qua hai diém A
va B
2) Tinh gin dung gia trj 16n nhit va gia tri nho nhat cia ham s6

f(x)=

2sin x+3cosx—1
COS X + 2 '

Bai 6.18 (So Gi4o duc va Pao tao Thira Thién-Hué, THPT, 10.2.2009)
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Tim gié tri gin dung cua X dé tai ¢ ham sé
f (x)=3cos” x+4cos x.sin x+5sin* x
dat gia tri 16n nhit va gia tri nho nhat.
Tinh gan ding gi4 tri 16n nhit va gi4 tri nho nhat cta ham s trén.
Bai 6.19 (So Giao duc va Pao tao Quang Ngéi, THPT, 30.1.2010)

Tinh gan dung gia tri 16n nhat va nho nhit ciia ham sé

y =—sin2x+(sinx + cosx)’ —(sinx+cosx) trén doan {0%}

Bai 6.20 (S& Giao duc va Pao tao Thira Thién-Hué, THPT, 01.12.2007)
2x* +5

X2 +3x+4

Bai 6.21 (S¢ Giao duc va Pao tao S6¢ Trang, THPT, 2008-2009)

Tinh gan dung toa do cac diém udn ciia d6 thi hamsé  f (x) =

1) Tim gi tri 16n nhat cia N = — n2+1 trén _—3§ :
n°+2n“—-4n-5 2 2

m? -1

2) Tim gia trj nho nhét cia M = —;
m°+1

Dang toan 7 Ung dung ciia dao ham
Bai 7.1 (Bo Gido duc va Dao tao, 16p 12 Bb tac THPT, 2008-2009)

Khi san xuit vo lon sita bo hinh tru, cac nha thiét ké luon dit muc tiéu sao cho
chi phi nguyén liéu 1am vo lon 1a it nht, tirc 1a dién tich toan phan caa hinh try
la nho nhit. Tinh gin dung dién tich toan phin ciia lon khi ta mudn c6 thé tich
cua lon 1a 1.

Bai 7.2 (S¢ Giao duc va Pao tao Soc Trang, 16p 12, 28.11.2010)

Ngudi ta dinh 1am mét cai hop hinh tru c6 thé tich 10,321m® cho trude. Tim
ban kinh day r cua hinh try sao cho ton it nguyén liéu nhit.

Chwong 4 LUONG GIAC TREN MAY TINH PIEN TU
Dang toan 1 Tinh gia tri ciia biéu thirc lwgng gidc
Bai 1.1 (S6 Giéo duc va Dao tao Phii Yén, I6p 12 Bd tic THPT, 2009-2010)
Cho
dr  8m

A=cos75° cos15’; B =cos 2—ﬂcos—cos—,
9 9 9
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1
sin18° sin54°
Tinh gia tri biéu thtec D= A*+B+C.

+tan9° —tan 27° —tan 63° + tan 81°.

Bai 1.2 (S¢ Giao duc va Pao tao thp Ho Chi Minh, THPT, 11.1.2009)
Cho tanx =227 <x<3r) va 2siny+3cosy=10<y< ).

Tinh gan ding v&i nam chit sé thap phén:

1) A= sin® x —cos® X
2tan’ x +3cot” x
2 B= tan®(x* — y) +cot® (x — y*)

~sin?(x2 + y) +cos* (x+ y2)
Bai 1.3 (S& Giao duc va Dao tao Dong Thap, Bo tiic THPT, 2008-2009)

Cho

A=\/£—\/3—\/29—12£;B=$/20—JK01 + 320+ /4901.

Tim mot nghiém thude (0;27) cua phuong trinh Atanx+B =0
Bai 1.4 (S& GD va DT Tay Ninh, THCS va B tic THPT, 2008-2009)
Tinh gi4 tri 1on nhat va gi4 tri nho nhat cia hamsé  f (X) = cos 2x —+/2 cos .
Dang toan 2 Giai phwong trinh lwgng giac
Bai 2.1 (S Gido duc va Dao tao Phit Yén, Idp 12 Bé tic THPT, 2009-2010)
Tim nghiém gin dung (d9, phit, gidy) cua phuong trinh:
2sin x+3cos x = /6.
Bai 2.2 (S¢ Gido duc va Pao tao Thanh Hoa, B tuc THPT, 2006-2007)
Tim nghiém gin dung ciia phuwong trinh 3¢0s 2X + 4sin2x—2 =0.
Bai 2.3 (Bo Gido duc va Dao tao, 16p 12 Bb tac THPT, 2008-2009)
Tinh gan ding nghiém (d¢, phut, gidy) cua phwong trinh
2sin2x+5sin* x =1.
Bai 2.4 (B Gido duc va Pao tao, THPT, 14.3.2008)
Tinh nghiém (theo don vi d) cua phuong trinh

24/3cos? X+ 6sin xcos X = 3+ /3.
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Bai 2.5 (S¢ Gido duc va Pao tao Thira Thién Hué, B6 tac THPT, 17.12.2008)
Tinh gan ding nghiém (d9, phut, gidy) cua phwong trinh:
2sin2x+5c0s” x = 3.

Bai 2.6 (S¢ Giao duc va Pao tao Thira Thién Hué, B6 tac THPT, 01.12.2007)
Tinh gan ding nghiém (d¢, phut, gidy) cia phwong trinh:

4c0s2x+3cosx =-1.
Bai 2.7 (S¢ Giao duc va Pao tao Thira Thién Hué, 16p 11 THPT, 01.12.2007)
Tim nghiém gin dung (d9, phit, gidy) cua phuong trinh

sin® 2x +4(sin x + cos x) = 3.
Bai 2.8 (S¢ Gido duc va Pao tao Quang Ninh, THPT, 10.01.2009)
Tinh nghiém (d9, phut, gidy) cua phuong trinh
sin 2x+ 3(sin X —cos x) = 2.
Bai 2.9 (S¢ Gido duc va Pao tao Quang Ninh, Bang B THPT, 10.01.2009)
Tim nghiém gin dung (d9, phit, gidy) cua phuong trinh:
COS X —Sin X+ 4sin x.cos x+3=0.
Bai 2.10 (S& Gio duc va DPao tao Thira Thién Hué, 16p 11, 2009-2010)
Tim nghiém gin dung thugc (0°;180°) cua phuong trinh:
9sin x+6c0s X —3sin 2x + c0s 2x = 8.
Bai 2.11 (S¢ Giao duc va Pao tao Thira Thién-Hué, THPT, 17.12.2008)
Tinh gan ding nghiém (theo don vi d9, phut, gidy) ctia phuong trinh
3(sin X+ cos x) = 2+/3 cos? 2x —(3+\/§).

Huéng dan: Pat t=sin X+ cos X.

Bai 2.12 (S¢ Giao duc va Pao tao Thira Thién-Hué, THPT, 01.12.2007; S&
Gido duc va Pao tao Tuyén Quang, THPT, 2011-2012)

1) Cho cac ham sé
f(x)=ax?-3x+2,(x#0)vag(x)=asin2x.
Gid tri nao cua @ théa man hé thic f [ f (—1)]—9[ f(2)]= V2.
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2) Tim nghiém gan dang (d9, phut, gidy) ciia phwong trinh
sin® 2x +4(sin x+cos x) = 3
Bai 2.13 (S¢ Giao duc va Dao tao thp Hb Chi Minh, THPT, 11. 1.2009)

Tim tit ca cac nghiém gin dung v6i nam chit s6 thap phan (tinh bing radian)
thudc khoang ( 0; 8) cua phuong trinh cos® X —sin® x = —1.

Bai 2.14 (S¢ Giao duc va Pao tao Tuyén Quang, I6p 12 THPT, 19.10.2011)
Giai phuong trinh

Lo X 7
(2—\/§)cosx—25|n (2_4j

2cosx—-1

=1

Bai 2.15 (S¢ GD va BT Tay Ninh, THCS, B6 tic THPT, 2008-2009)
Tim nghiém gin dung (d9, phit, gidy) cua phuong trinh:
4(sin3x —cos 2x) = 5(sin x —1).

Bai 2.16 (S¢ Giao duc va Pao tao S6¢ Trang, THPT, 2008-2009)

Giai hé phuong trinh lugng giac

x+y=2;

4
tan x _1—\/5
tany 1++/2

Chuong 5 HINH HQC TREN MAY TINH PIEN TU

Dang toan 1 Hinh hoc giai tich

Bai 1.1 (S¢ Gido duc va Pao tao Soc Trang, THPT, 2008-2009)

1) Tinh m @& khoing cich tir diém A(L1l) dén duong thing
mx+(2m-1)y-3=0 la 2.

2) Cho tam giac ABC c6 phuong trinh cac duong thing AB : 5Xx—3y +2—0; duong
cao AD:4x -3y +1=0; duong cao BE :7x+2y—22=0. Tinh toa d6 diém C.
Bai 1.2 (S¢ Giao duc va Dao tao Phu Yén, lop 12 Bb tuc THPT, 2009-2010)

Cho tam gidc c6 cac dinh A(1;-2), B(5,6), C(—4; —6).

1) Tinh d6 dai cac canh ctia tam giac;

2) Tinh gin dung cac goc (d9, phut, gidy) cia tam giac.
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Bai 1.3 (So Giao duc va Do tao Quang Ngdi, B tic THPT, 30.1.2010)
Tinh dién tich hinh binh hanh ABCD c¢6 cac dinh c0 toa d6 twong (g sau:
A(-3;4), B(13),C(-2;-3).
Bai 1.4 (S¢ Gido duc va Bao tao Thira Thién-Hué, THPT, 01.12.2007)
(Lép 11, 12) Cho tam gidc ABC vuong tai dinh A (-1 3) ¢ dinh, con cac
dinh B va C di chuyén trén duong thing di qua hai diém
M (=3; 1), N(4; 1). Biét ring goc ABC =30°. Hay tinh toa do dinh B.
. . 3.1 X
(Lép 11) Cho tam giac ABC c6 cac dinh A(9;-3), 8(7;—7j va
C(-L 7).
1) Viét phuong trinh duong tron ngoai tiép tam giac ABC.
2) Viét phuong trinh tiép tuyén cua duong tron, biét tiép tuyén di qua
diem M (-4;1).
Bai 1.5 (S¢ Giao duc va Pao tao Thira Thién Hué, B6 tac THPT, 17.12.2008)
1) Phuong trinh cac canh ciia tam giac ABC la:

AB:2x+3y+8=0; BC:5x+3y—-7=0; AC:4x-5y-6=0.
Tinh toa d6 cac dinh A, B, C va dién tich ctia tam giac do.

2) Tinh gan ding gia tri cia a va b néu duong thing Yy =ax+b di qua diém
M(-3; 2) va la tiép tuyén cua duong tron X* + y* —6x+8y = 0.

Bai 1.6 (S¢ Gido duc va Pao tao Quang Ngéi, THPT, 30.1.2010)

Cho dudng tron (C) c6 tam thudc duong thing Y =3X—4 va (C) di qua hai
diém M (L 2), N(3; 1). Tinh d¢ dai dudng tron va dién tich hinh tron (C).
Bai 1.7 (S¢ Giao duc va Pao tao Soc Trang, 16p 12, 28.11.2010)

1) Biét khoang cach tir A(1;1) dén duong thang mx+(2m-1)y-3=0 la 2.
Tinh m.

2) Cho A(—l;l), B(130, C (2;5). Biét rang tap hop cac diém M thoa mén

phuong trinh MA? + MB? +MC? = 40 1a dudng tron. Tim toa do tm va ban
kinh duong tron.

Bai 1.8 (S& GD va DT Tay Ninh, THCS va B tic THPT, 2008-2009)
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Trong mat phing Oxy cho A(2;3), B(8;6+/3 +3);C(2+44/3;7)
1) Tinh goc BAC , do dai AB,AC va suyra S,,gc-
2) Tinh ban kinh dwdng tron noi tiép AABC.

Bai 1.9 (S¢ Gido duc va Dao tao Thira Thién Hué, Bé tic THPT, 01.12.2007)
g L 3. 1) |
1) Cho tam giac ABC cd céc dinh A(9;-3), B(;;—7j vaC(-1 7).
1a) Tinh dién tich tam gidc ABC va ban kinh dwong tron noi tiép tam giac
ABC.
1b) Xac dinh tam va tinh ban kinh duong tron ngoai tiép tam giac ABC.
2) Tinh gin dung gi4 tri ciia a va b néu duong thing y = ax + b 1a tiép tuyén
cita duong tron (x—1)" +(y—3)" =16 vadi qua diém M (—4; 5).
Bai 1.10 (S¢ Giao duc va Pao tao Thira Thién-Hué, THPT, 17.12.2008)
Cho ba duong thing:
d,:3x—y+5=0;d,:2x-3y—6=0; d,:2x+y—3=0. Hai duong thing
(d,) va (d,) citnhau tai A, hai duong thang (d,) va (d,) cét nhau tai B;
hai duong thang (d,) va (d,) citnhau tai C.
1) Tim toa d6 cua cac diém A, B,C (viét du6i dang phan sd).
2) Tinh gin dung hé sé goc ciia duong thing chira tia phan giac trong goc A
cua tam giac ABC va toa do giao diém D cua tia phin gidc d6 véi canh BC.
3) Tinh gin dung dién tich phin hinh phing giita duong tron ngoai tiép va
dudng tron noi tiép tam giac ABC. Két qua 1am tron dén hai chir s6 1é thap
phan.
Bai 1.11 (S6¢ Giao duc va Pao tao Thanh Hoa, B6 tac THPT, 2006-2007)
1) Tinh gan diing toa d6 giao diém cua dudng thing X —2y—3=0 voi dudng
tron x* +y° = 4.
2) Xac dinh tAm va tinh ban kinh duong tron tiép xac véi dudong thing
1
y = X—1 va ca hai nhanh cia y =—.
X

3) Cho tam giac ABC c¢ céc dinh A(L; 3), B(-5; 2), C(5; 5).
3a) Tinh gié tri gin dang d6 dai ba canh cia tam gi4c.
3b) Tinh gin ding (do, phut, gidy) sé do cua goc A.
Bai 1.12 (S Gido duc va Dao tao Quang Ngai, B6 tic THPT, 30.1.2010)

Tinh gan ding do6 dai day cung chung AB cia hai duong tron
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X +y*+8x—2y+1=0va x*+y*—4x+6y-5=0.

Bai 1.13 (S¢ Gido duc va Pao tao Quang Ninh, THPT, 10.01.2009)

Trong mit phing toa dd OXy cho hai duong tron
(C): X*+y*-2x-2y-2=0
va (C,):x*+y>—4x—6y+4=0.

Tinh gin ding toa do tim | va ban kinh R caa duong tron (C) biét | nim
trén duong thang X + Yy —1=0va (C) tiép xtic ngoai véi hai dudng tron da cho.
Bai 1.14 (So Gido duc va Pio tao Tuyén Quang, THPT, 2011-2012)

Cho hai dudng tron (C): x* +y° —2x—2y—-4=0va (C"):(x—2)° +y* =6.
1) Tim toa d6 giao diém cua (C) vai (C).

2) Viét phuong trinh dudng thing (d) di qua cac giao diém cua (C) va (C').
Bai 1.15 (S¢ Giao duc va Pao tao Quang Ninh, Bang B THPT, 10.01.2009)
Cho hai duong tron cé phuong trinh tuong tng 1a: X* + y* +5Xx—6y+1=0

va X +y?-2x+3y-2=0.

1) Tinh gan dung toa do cac giao diém cuia hai dudng tron do.

2) Tim a va b dé duong tron  X* + y* +ax+by+5=0 ciing di qua giao
diém ctia hai duong tron noi trén.

Bai 1.16 (B Gido duc va Pao tao, 16p 12 Bb tic THPT, 11.3.2011)

2 2
Tim gan dung toa d6 hai giao diém cua elip E-ﬁ-?:l va dudng thing

3x+4y =5.

Bai 1.17 (Bo Gido duc va Dao tao, 16p 12 Bé tiic THPT, 2008-2009)

2 2

y

Tinh gin dung toa do giao diém cua elip ? + 7 =1 va duong thing
5x+6y—-7=0.
Bai 1.18 (S¢ Giao duc va Pao tao S6c Trang, 16p 12, 28.11.2010)

2 2

Tim trén elip I—6+;—5:1 mot diém M sao cho MF, =2MF, trong d6

F., F, 1a cac tiéu diém cua elip.

Bai 1.19 (S& GD va DT Tay Ninh, THCS va B tic THPT, 2008-2009)
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Tinh gia tri gin dung toa do cac giao diém cua dudng thing 2X -5y +6=0 va
2 2

W
E): —+-—=1.
&) 16 9

Bai 1.20 (S Gido duc va Dao tao Thira Thién Hué, 2010-2011)

Tim gan dung toa do giao diém cua dudng tron (C) c6 tam | (5; 3), ban kinh
2 2

R=2 vaelip (E):;(—5+y?:1.

Bai 1.21 (B¢ Gido duc va Pao tao, THPT, 14.3.2008)

Tinh gan dung toa do giao diém cua parabol (P):y=X"—-2X Véi elip
Xy

E): —+=—=1.

(E) 5 "1

Bai 1.22 (So Gi4o duc va Pao tao Thira Thién-Hué, THPT, 17.12.2008)

2 2

Tinh gan ding toa do hai giao diém cua elip ry + y? =1 va parabol y = 3x°.

Bai 1.23 (So Gido duc va Dao tao Quang Ninh, Bang B THPT, 10.01.2009)

2 2
Tinh toa do cac giao diém M va N cua Hypebol 2—5—?=1 va duong

thing di qua 2 diém M (1;4); N (—2;5).

Bai 1.24 (S& Giao duc va Pao tao S6¢ Trang, THPT, 2008-2009)
1) Cho tam giac ABC c6 phuong trinh cAc dudng thing AB: 5X —3y +2—0; dudng
cao AD:4x -3y +1=0; duong cao BE :7x+2y—22=0. Tinh toa d6 diém C.

2 2
X , A
2) Cho elip E-ﬁ-i/—(s:l va diém |(1;2). Tim toa d6 giao diém A, B cua elip va

duong thing di qua | saocho | 1a trung diém ciia AB.

Bai 1.25 (B6 Gido duc va Bao tao, THPT, 14.3.2008)

1) Trong khong gian voi hé toa do vudéng goc Oxyz cho ba diém
S(40;0),Q(0;2;,0), R(2; 0;2). Hay tinh cac h¢ sé A,B,C,D trong
phuong trinh tong quat ciia mit phing (P): Ax+By+Cz+d =0 di qua ba
diém nay.

2) Trong khong gian v&i hé toa d6 vudng goc Oxyz cho hinh lap phuong
ABCD.A'B'C'D’ ¢6 A(0;0; 0), B(L; 0; 0), D(0; 1 0), A'(0; 0;1). Goi
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M 14 trung diém AB va N la tdm cua hinh vuéng ADD'A’. Hay tinh dién

tich thiét dién tao boi mat phiang (CMN ) v6i hinh lap phuong.

Dang to4n 2 Hinh hoc phing

Bai 2.1 (B Gido duc va Pao tao, THPT, 2008-2009)

Tinh dién tich hinh t giac ABCD biét

AB =4cm, BC =4cm,CD =5cm, DA =6cm vagéc B=70".

Bai 2.2 (S6 GD va BT Pdng Thap, B) tic THPT, 2008-2009)

Tam giac PQR c6 PQ=8cm; QR =13cm; RP=15cm. Tim diém S

thudc doan PR sao cho PS va QS cing I hai s6 nguyén.

Bai 2.3 (S6 GD va BT Pdng Thap, B) tic THPT, 2008-2009)

Cho tam giéc ABC c6 phan giac trong AD ( D thudc doan BC), M 1a trung diém
AB. Doan thing AD cit doan thing CM tai . Tinh dién tich tam giac ACI khi
AB=5; AC=5; BC=7.

Bai 2.4 (S¢ Giao duc va Pao tao Soc Trang, THPT, 2008-2009)

Cho hinh binh hanh ABCD c¢6 dién tich bang 1 (dvdt). Goi M 1a trung diém cua cac
canh BC, N la giao diém cia AM va BD. Tinh dién tich cua tir gilc MNDC.
Bai 2.5 (S6 GD va BT Pdng Thap, B) tic THPT, 2008-2009)

Tam giac ABC c6 AB =3cm, BC =9cm, CA =7cm. Hinh chir nhat MNPQ c¢6
M thuoc canh AB, N thudc canh AC va hai dinh P,Q cling thudc canh CB. Tinh
dién tich 16n nhit co thé c6 cuia hinh chir nhat MNPQ.

Bai 2.6 (S¢ Giao duc va Pao tao thp Hb Chi Minh, THPT, 11.1.2009)

Cho tam giac déu ABC, M 1a mét diém niam trong tam giac ABC sao cho:
MA=4va MB =5.

1) Biét AB = 7. Tinh d6 dai MC gan dung dén nam chir so.

2) Biét MC = 6. Tinh d6 dai AB gan diing dén nam chit so.

Bai 2.7 (S6 GD va BT Tay Ninh, THCS va Bé tac THPT, 2008-2009)

1) Cho hinh thoi ¢6 chu vi 1a 37,12 cm.Ty s giita hai dudng chéo 1a 2:3. Tinh dién tich
hinh thoi 4y.

2) Cho AABC vubng cantai A; AB=13,584 cm; AC =14,385 cm.

2a) Tinh d¢ dai duong phan giac trong cua goc A
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2b) Tinh ban kinh dudng tron néi tiép AABC .

Bai 2.8 (S¢ Gido duc va Pao tao Quang Ninh, THPT, 10.01.2009)

Cho AABC noi tiép dudng tron tdm O béan kinh R. Biét AB = 3,14 cm;
BC =7,56 cm; R=5,13 cm. Tinh gin dung d6 dai canh AC.

Bai 2.9 (S6 GD va BT Pdng Thap, B) tic THPT, 2008-2009)

Hinh vudng ABCD c6 canh bang 1 ni tiép trong duong tron tam O. M la diém trén
cung BC sao cho géc MAB =30°.
1) Tinh géc AOM.

2) Tinh dién tich ta giac AOMB.
Bai 2.10 (S¢ Gi4o duc va Pao tao Thanh Hoa, B6 tiic THPT, 2006-2007)

1) Tinh gan dung dién tich va chu vi da giac déu 70 canh noi tiép duong tron
don vi.

2) Tinh gin dung dién tich tam giac ABC c6 canh AB =5, géc
A=84°13'38", géc B =3451'33".

Bai 2.11 (S¢ Gido duc va Dao tao Tuyén Quang, THPT, 2011-2012)

1) Tim chiéu dai bé nhat cia cai thang dé
né c6 thé twa vao tuong va mat dat, ngang
qua cot do cao 4 m, song song va cach .,

Y . 5 R - . - Thang
tuong 0,5 m ké tir tim cua cot d& (hinh vE)

cot do

Mat dat

2) Cho hinh ngii gidc déu noi tiép trong
duong tron (O) cé ban kinh R = 3,65cm.
Tinh dién tich (phin gach soc) giGi han boi
nira duong tron duong kinh AB 13 canh
cua ngil gidc déu va dudng tron (O) (hinh
VE)

Bai 2.12 (S Gido duc va Dao tao Thira Thién Hué, B4 tic THPT, 01.12.2007)
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Cho tir giac ABCD noi tiép trong
duong tron (O) béan kinh

R=4,20 cm, AB =7,69cm,

BC =6,94cm, CD =3,85cm

Tim d6 dai canh con lai va tinh dién
tich cua tir giac ABCD. (két qua lay

V6i 2 chit s & phﬁn thap phan).
Bai 2.13 (S¢ Gi4o duc va Pao tao Thira Thién-Hué, THPT, 01.12.2007)
1) Tim chiéu dai bé nhét cia

cai thang dé no co thé tya vao ting

tudng va mat dat, ngang qua

cot do cao 4 m, song song va

mat dat

cach tuong 0,5 m ké tir tim
caa cot d& (hinh ve)

2) Cho hinh ngii gidc déu noi
tiép trong duong tron (0) c6
ban kinh R =3,65cm. Tinh
dién tich (c6 td6 mau) gidi han
boi nua duong tron duong
kinh AB 1a canh cua ngt giac
déu va duong tron (O) (hinh
ve).

Bai 2.14 (S¢ Gi4o duc va Pao tao Quang Ngdi, B6 tac THPT, 30.1.2010)

1) Tinh dién tich tam giac ABC biét A N B
goc B =49°27’; goc C =37°52’; canh

BC =18,53.

2) Cho hinh vuéng canh a =5,35. Dung M P

cac duong trontam A, B, C, D c6 ban

kinh R = % . Tinh dién tich cia phin hinh

vudng nam giira bén dudng tron d6 (phan
gach chéo trén hinh vg).

Bai 2.15 (S¢ Giao duc va Pao tao S6c Trang, 16p 12, 28.11.2010)
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1) Tinh dién tich hinh tron ngi tiép tam giac
ABC biét AB =4, BC =5, AC =6.

2) Vién gach hinh vudng c6 canh 1a 30cm cé hoa
van nhu hinh Vé.
2a) Tinh dién tich phan dugc t6.

2b) Tinh ti 16 phan trim phin dién tich duoc t6 va
dién tich vién gach.

Dang toan 3 Hinh hoc khong gian

Bai 3.1 (B Gido duc va Pao tao, 16p 12 B6 tac THPT, 11.3.2011)

1) Tinh dién tich toan phin ciia hinh chép S.ABCD néu day ABCD la hinh
chit nhat, canh SA vudng géc véi day, AB =5dm, BD =9dm, SD =13dm.

2) Hinh t& dién ABCD cé cac canh AB = AC = AD =5dm, BC =5dm,
CD =7dm, BD =9dm. Tinh gin dung dién tich S cua tam giac BCD, bén
kinh R cua dudng tron ngoai tiép tam giac BCD va thé tich V cua khdi tir
dién do.

Bai 3.2 (Bo Gido duc va Do tao, 16p 12 Bé tiic THPT, 2008-2009)

1) Tinh gan dung thé tich khéi chép S.ABCD néu day ABCD Ia hinh binh
hanh, canh SA wudng géc véi day, AB =7dm, AC =9dm, SD =11dm, géc

ABC =80°.

2) Tinh gan dung ban kinh R ctia mit cdu ngoai tiép hinh tir dien ABCD c6
cac canh AB = AC = AD =8dm, BC =7dm, CD =6dm, BD =5dm.

Bai 3.3 (S Gio duc va Pao tao thp H6 Chi Minh, THPT, 11.1.2009)

Cho tir dién S.ABC c6 ASB=BSC = CSA =65°, SB=SC =8, di¢n tich
tam giac ABC bing 40. Tinh AB va SA gan dung dén nam chit sé thap
phan.

Bai 3.4 (B Gido duc va DPao tao, 16p 12 Trung hoc Phd thong, 11.3.2011)

Dién tich xung quanh ciia mét hinh chép tam giac déu gip nam lan dién tich
day. Hay tim gdc ¢ dinh cuia mot mét bén.

Bai 3.5 (B Gido duc va Pao tao, 16p 12 Trung hoc Phé thong, 11.3.2011)
Thé tich cia mot hinh nén I6m gép 2011 14n thé tich hinh cAu noi tiép hinh nén

do. Tinh goc tao boi dudng sinh cua hinh nén va miat phang day.
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Bai 3.6 (S GD va BT Séc Trang, THPT, 2008-2009)

Tinh cac canh ciia hinh hop chit nhat, biét ring thé tich ctia nd bang 15,625 ( dvtt), dién
tich toan phan cia n6 bing 62,5 (dvdt) va cac canh cta né lap thanh cap sé nhan.

Bai 3.7 (S¢ Gio duc va Pao tao Quang Ngdi, B6 tac THPT, 30.1.2010)

Cho tir dién DABC biét mp(ADB) vudng gdc véi mp(ADC).

ADC =60°, ADB =45°, DA=3,2; DB =4,5; DC =5,6;

Tinh béan kinh mit cau ngoai tiép tr dién DABC.

Bai 3.8 (S¢ Gido duc va Dao tao Thira Thién-Hué, THPT, 17.12.2008)

1) Tinh gan dung dién tich toan phan cua hinh chép S.ABCD néu day
ABCD la hinh chit nhat, AB=7dm, AD =6dm, SD =11dm, canh SA
vubng géc vai day.

2) Hinh chép ngii giac déu c6 canh dady a = 6,74cm, canh bén b =9, 44cm.
2a) Tinh dién tich xung quanh va thé tich ciia hinh chop.

2b) Tinh gan dung s6 do (d9, phut, gidy) ctia goc hop boi mdi mét bén va mat
day ctia hinh chop.

2¢) Tim thé tich phan ¢ giita hinh cau noi tiép va hinh cau ngoai tiép hinh chép
déu d4 cho.

Bai 3.9 (S¢ Giao duc va Pao tao Thira Thién Hué, B6 tac THPT, 17.12.2008)
Hinh t& dién ABCD c6 chan duong vuong goc ha tir A xudng mit phing
BCD 1a tim dudng tron nodi tiép tam giac BCD. Céc canh c6 do dai
AB =5dm, BC =6dm, CD =7dm, BD =8dm, Tinh gin dang dién tich cia
tam giac BCD, béan kinh r cia dudng tron néi tiép tam giac BCD va thé tich
ctia khdi ti dién do.

Bai 3.10 (S Gido duc va Dao tao Phu Yén, 1ép 12 B tic THPT, 2009-2010)
Cho hinh ling try tam giac ABC.A’B’C’ c6 day ABC la tam gidc déu canh

?3 va diém A’ cach déu cac diém A, B, C. Canh bén AA’ tao voi mat

phing day mét goc 60°.
1) Tinh thé tich (V) cua khéi lang tru.
2) Tinh dién tich xung quanh (Sq) khdi ling tru.

Bai 3.11 (S Gido duc va Dao tao Thira Thién Hué, B tic THPT, 01.12.2007)
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Tinh gan dung thé tich va dién tich toan phin ciia hinh chép déu S.ABCD véi
canh day AB =12 dm, g6c cua mdi canh bén va mat day la o = 67°.

Bai 3.12 (S¢ Gido duc va Dao tao Quang Ninh, Bang B THPT, 10.01.2009)

1) Cho hinh nén cé duong sinh 10 dm, géc & dinh 80°54°25”.

1a) Tinh gi4 tri gan ding dén bdn chit s6 thap phan cia thé tich khdi non.

1b) Tinh gié tri gin dung dén sau chir s6 thap phan dién tich toan phan cua hinh
non.

2) Mot thung hinh try ¢6 duong kinh day (bén trong) bang 12.24 cm dyng nudce
cao |én 4.56 cm so v&i mat trong cua ddy. Mot vién bi hinh cau duoc tha vao
trong thung (sao cho ddy cda bi cham véi mat trong day cua hinh try) thi myc
nude dang 18n sat voi diém cao nhét cia vién bi( nghia 1a mat nuoc 1a tiép dién
cua mit cau). Hay tinh ban kinh cua vién bi, biét cong thuc tinh thé tich hinh

caula V =%nx3( X 1a ban kinh hinh cau).

Bai 3.13 (So Gi4o duc va Pao tao Thira Thién-Hué, THPT, 01.12.2007)

S

Cho hinh chép thap dién déu c6 day
noi tiép trong duong tron c6 ban kinh
r =3,5cm, chidu cao h =8 cm.

1) Tinh dién tich xung quanh va thé
tich caa hinh chép.

2) Tim thé tich phan & giira hinh cu
noi tiép va hinh ciu ngoai tiép hinh
chop déu da cho.

Bai 3.14 (S¢ Giao duc va Pao tao Quang Ninh, THPT, 10.01.2009)

Cho hinh bat dién déu, c6 d¢ dai canh 1a 3+/5 cm. Tinh gin dang:

1) Dién tich xung quanh cua hinh bat dién déu va thé tich cua khéi bat dién
déu do.

2) Ty s6 giita thé tich khdi cdu noi tiép va thé tich khéi cdu ngoai tiép hinh bat
dién déu.

Bai 3.15 (S¢ Gido duc va Dao tao Tuyén Quang, THPT, 2011-2012)
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C6 mdt cai coe tip nguge nhu hinh v&. Chiéu /’\
-

. o T
cao cua coc la 20cm, ban kinh day coc la 3cm, !

ban kinh miéng coc 1a 4cm. Mot con kién

dang dung & diém A cua miéng cbe du dinh

s& b hai vong quanh than céc dé 1én dén day N
cdc & diém B. Tinh qudng dudng ngan nhit dé

con kién c6 thé thuc hién duge du dinh cta

minh.

Chuong 6 MQT SO BAI TOAN KHAC
Bai 6.1 (S¢ Giao duc va Dao tao Tuyén Quang, Ié6p 12 THPT, 19.10.2011)

Giai phuong trinh X —3X+1—§\/ x*+x2+1=0.

Bai 6.2 (S& Gido duc va Pao tao Quang Ngdi, Bé tac THPT, 30.1.2010)
Tim X, y nguyén dwong nhoé nhit va thoa y = 3/18+ VX+1+ 3/17 —x+1

Bai 6.3 (Bo Gido duc va DPao tao, 16p 12 Trung hoc Phd thong, 11.3.2011)
Giai phuong trinh x* — 2010[X] +2011=0.

Bai 6.4 (Bd Gido duc va Pao tao, Trung hoc Phd thong, 11.3.2011)

Tim hé s6 16n nhat trong khai trién nhi thirc (5X + \/7)11 .

Bai 6.5 (S¢ Gido duc va Dao tao Thira Thién-Hué, THPT, 17.12.2008)

1) Tim x biét C2X+ A),, —P,_5 —x® — x> = 33479022340 v6i P, Ia s6 hoan
vicia n phan tir, A': la s6 chinh hop chap k cua n phan tu, C: la s6 t6 hop
chap k caa n phan tir.

28

2) Tim hé s ciia s6 hang chira x°, ™, x*® trong khai trién nhi thirc Newton

1 30
Cua (—24‘ 3\/ XSJ .

X
Bai 6.7 (S¢ Gido duc va Pao tao Quang Ninh, THPT, 10.01.2009)
Gia sir: (3X° +2X+2)"% = ay +a X+ a,X" +...+ X + 3, x*
Tinhténg S =a, +a, +...+a, + a.

Bai 6.8 (Bo Giao duc va Pao tao, THPT, 14.3.2008)
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Nguoi ta dung hai loai gach 14t san

hinh  wvuébng cé kich  thude

40cmx40cm  (mau  tring) va
20cmx20cm (mau den), ghép véi

nhau dé tao ra hoa tiét nhu trong hinh

vé bén. Loai gach den dugc tao ra

bing cach cit nhitng vién gach kich
thuéc 40cmx40cm thanh 4 manh.

San duoc 1at 1a mot hinh chir nhat véi kich thude 15mx12m, véi cdc canh
sSong song Vai cac canh cia gach 1at. Ban hdy cho biét chi phi téng thé cho viéc
|4t san, biét ring:

e Don gia gach lat (kich thudc 40cmx40cm) 1a 63.000 d/m? dbi véi mau
trang va 76.000d/m’ dbi véi mau den;

e Don gi4 nhin cong lat san (bao gdm ca vét tu phy nhu: xi ming, cat,...) la
20.000 d/m?;

e Tién cong cit gach (khong phu thude vao mau gach) 1a 1000 d cho

mdi mach cit dai 40cm (cac mach cit ngin hon duge tinh ti 16 thuan theo do
dai).

Bai 6.9 (Bo Gido duc va DPao tao, 16p 12 Trung hoc Phd thong, 11.3.2011)

Mot d6 choi gdm tam hinh ti dién tir nho dén 16n 16ng nhau (mé hinh thir nhat
thi xuat hién hinh thir hai nho hon dung bén trong, mé tiép hinh thir hai thi xuét
hién hinh thr ba nho hon dung bén trong; cir nhu thé dén hinh thir tim nho
nhat). Biét tir dién tht k 1a O, AB,C, c6 O, A vudng goc véi mit phang
ABC,, OA =BC, voi 1<k<8. Céc canh AB,,k=12,.8 lap
thanh cip s6 cong c6 cong sai bang —1,1cm. Céac canh AC,,k=1,2,..,8 lap
thanh cip sb cong c6 cong sai bang —2,2cm. Cac goc B, AC,, k=12,..,8
lap thanh cap sb cong c6 cong sai bang —2°. Canh AB, =1cm, AC, = 2cm,
géc B AC, =20° Tinh tong thé tich cua tam khdi tir dién do.

Bai 6.10 (B Giao duc va Pao tao, THPT, 2008-2009)

1) Vi viéc tinh toan trén may thi thoi gian thuc hién cac phép tinh nhan va
chia l6n gép boi so voi thoi gian thuc hién cac phép tinh cong va trir. Cho nén,
mot tiéu chi dé danh gia tinh hiéu qua ctia mot cong thirc (hay thuat toan) 1a &
chd cho phép sir dung it nhit c6 thé cac phép tinh nhan va chia.

V6i sb e, ngudi ta ¢6 thé tinh x4p xi n6 theo cic cong thirc sau day:
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e=|im(1+£j ; @

n—ow n
21
e=>) —. )
nZ::; n!
1025
Theo em, dé tinh duoc gia tri cia biéu thee A= (14—@) thi can tdi bao

nhiéu phép nhan va chia, va khi iy két qua thu dugc xap xi sé e chinh xéc téi
bao nhiéu chir s6 thap phan sau diu phdy.
Cau hoi trong tw nhu trén dbi voi biéu thie B = 6 %

n=0 "=
2) Mot hop nir trang (xem hinh v§) ¢6 mat .
bén ABCDE véi ABCE Ia hinh chir F >
nhat, canh cong CDE la mét cung cua / 5
duong tron tam tai trung diém M cua 7 Pt gl s
canh AB. Biét /‘“’\\ ./;;"/ i
AB =10cm, BC = 6cm va BQ = 45cm. 4
Hay tinh:
1a) G6c CME theo radian. 4 o
1b) B¢ dai cung CDE.
1c) Dién tich hinh quat MCDE.
1d) Dién tich toan phin ciia hop nit trang,
1e) Thé tich ciia hop nit trang.
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